Abstract: Electromagnetic metamaterials (MMs) and metasurfaces (MSs) are artificial media and surfaces with subwavelength separations of meta-atoms designed for anomalous manipulations of light properties. Owing to large scattering cross-sections of metallic/dielectric meta-atoms, it is possible to not only localize strong electromagnetic fields in deep subwavelength volume but also decompose and analyze incident light signal with ultracompact setup using MMs and MSs. Hence, by probing resonant spectral responses from extremely boosted interactions between analyte layer and optical MMs or MSs, sensing the variation of refractive index has been a popular and practical application in the field of photonics. Moreover, decomposing and analyzing incident light signal can be easily achieved with anisotropic MSs, which can scatter light to different directions according to its polarization or wavelength. In this paper, we present recent advances and potential applications of optical MMs and MSs for refractive index sensing and sensing light properties, which can be easily integrated with various electronic devices. The characteristics and performances of devices are summarized and compared qualitatively with suggestions of design guidelines.
Introduction
Electromagnetic (EM) metamaterials (MMs) and metasurfaces (MSs) are rising research fields nowadays owing to their anomalous and largely tunable properties of light scattering in ultracompact volume. Performances of MMs and MSs are dependent on their subwavelength separation and geometric parameters of each meta-atom (MA), a fundamental constituent of MM and MS [1] [2] [3] [4] . MAs are composed of one or more subwavelength nanostructures with noble metals or high index dielectrics. They are engineered to exhibit desired effective local optical responses, which can be expressed in terms of amplitude and phase or electric and magnetic polarizabilities [1, 3] . Exotic functionalities such as negative refractive index (RI) [5] [6] [7] [8] [9] [10] [11] , nearly perfect absorption [12] [13] [14] [15] [16] [17] [18] [19] [20] [21] [22] , and transmission [23] [24] [25] [26] [27] [28] have been demonstrated with various potential applications. Among various potential applications including superlens [29] [30] [31] , slow light [32] [33] [34] , and cloaking devices [35] [36] [37] [38] [39] [40] , RI bio-sensing is the most realistic and representative application of them. Bio-molecular interactions that occur in analyte layers result in changes of RIs. The EM RI sensor offers distinguishing opportunities for sensitive and label-free biochemical assays so that it can play a crucial role in various chemical and biological sensing technologies.
By engineering individual MAs and their arrangements, resonant EM spectra can be largely tuned, which are dominated by surrounding environment. Owing to such resonant properties, RI of surrounding biomolecular analyte can be probed with variation of scattered output spectra. Hence, it is essential to design appropriate sensitive MAs at the target wavelengths and certain configurations. Moreover, MM-and MS-based RI sensing platforms have several advantages over conventional SPP-based biosensors. At first, as RI variation is detected by macroscopic optical responses, mainly reflection or transmission of focused input beams, MM-and MS-based RI sensors are better than SPP-based ones with respect to fabrication tolerance and stability of readout signal [41] [42] [43] . Secondly, periodic arrangements of MAs enable lower radiative damping and higher quality factor with interesting physical mechanisms including plasmonically induced transparency [23] [24] [25] , and Fano resonances [44, 45] . Lastly, it would be possible to expand functionalities of single nanophotonic RI sensor with MM or MS. Delicate and elaborate compositions of multiple different MAs in a unitcell or supercell can yield multiple resonances and broadband slow light phenomena which are hard to be allowed in SPP-based sensors [32, 46, 47] .
On the other hand, sensing light itself using light matter interactions has also been a thoroughly studied topic in optics society. Based on interference between multiple beams, anisotropic scattering, and dispersive responses from certain EM devices, fundamental properties of arbitrary incident EM wave can be sensed and analyzed. Polarization and spectral composition are main characteristics of interest and there are commercial bulk-optic devices to analyze them, which are called polarimeter and spectrometer. As demands on integration and miniaturization of such light sensing components for electronic devices have been explosively increasing, MMs and MSs have been expected to be a promising platform to implement those functions with compact volume and lightweight [48] [49] [50] [51] .
In this review, we introduce recent advances and potential applications of EM MM and MS for various sensors. We mainly classify sensor applications into two major objects of MMs and MSs sensing: RI sensing with optical response and sensing properties of light itself. At first, RI sensing methods are discussed with respect to their physical mechanisms and sensing capabilities. Surface-enhanced Raman scattering (SERS), Fano resonance (FR), and hyperbolic metamaterials (HMM) are presented and their applications for RI sensing are proposed. Performances of those configurations are compared and potential novel methods of RI sensing based on holographic phase gradient (HPG) are discussed. Secondly, various functionalities of MSs as ultrathin flat light analyzer are discussed. Analysis on light properties such as polarization state and spectrum using MSs are explained.
Refractive Index Sensing

Sensors Based on Surface-Enhanced Raman Scattering
Raman scattering is the inelastic scattering of photons by molecules which are excited to higher vibrational or rotational energy levels (See Figure 1a) . The spectra of the Raman-scattered light have been widely used for material identification and analysis because it depends on the molecular states. Especially, it has an evident merit that can be used to detect and analyze not only simple materials, including solids, liquids, and gases, but also highly complex materials such as human tissue, biological organisms, and chemical materials. Thanks to the invention and development of lasers from 1960s, Raman spectroscopy has become an important measurement method to provide a structural fingerprint by which molecules can be identified in various chemical processes.
Despite its versatileness, it has taken a long time to apply Raman scattering directly to the sensor due to its inherently small scattering cross-section. When scattering occurs between matters and light, most photons are elastically scattered, called Rayleigh scattering, such that the scattered photons have the same frequency as the incident photons. Only a small fraction of the scattered photons, approximately 1 in 10 million, are scattered by an excitation with the scattered photons having a frequency different from that of incident photons. Therefore, due to the low probability of Raman scattering of molecules, satisfactory Raman spectra are hardly obtained in low sample concentration environments, such as in thin films coated with dilute solutions or monolayers. Another problem is that samples exhibiting color or fluorescence cannot be easily investigated with Raman spectra, unlike pure or colorless samples. Also, it is so difficult to obtain accurate outcomes in case of a sample which generates background-fluorescent signals when a laser in a visible region is illuminated if they are stronger than Raman scattering signals of the sample itself. In general, non-resonant Raman scattering cross-sections are typically about 10 −30 cm 2 /molecule and 14-15 orders of magnitude lower than that of fluorescence [52] . For these reasons, Raman spectroscopy has been used only in special fields and has not been popular as a typical analysis method until 1960s. In 1974, Fleischmann et al. observed that Raman signals of pyridine absorbed on electrochemically roughened silver were enhanced [53] . A series of experiments in 1977 [54, 55] confirmed that Raman signals can be greatly increased when molecules are very close to rough metal surfaces or nanostructures. It was called surface-enhanced Raman scattering (SERS) or surface-enhanced Raman spectroscopy (See Figure 1b) . For a few decades, to obtain more amplified signals, researchers have been basically using noble metal such as gold or silver, and various nanostructures as plasmonic antennas. This is because metal nanoantennas have an ability to support localized surface plasmons (LSPs), i.e., non-propagating excitations of the conduction electrons coupled to the EM field [56] . From an EM point of view, owing to the small Stokes shift, one usually assumes that the radiative Stokes field is same as enhancement of the exciting field, thus the Raman cross section (R) can be expressed by R = |E loc | 4 /|E i | 4 , where |E loc | is the local field amplitude of the Raman active site and |E i | is the field of incidence [57, 58] . Researchers have introduced the concept of enhancement factor (EF), which is one of the most important figures for characterizing the SERS effect. It is well known that in the close vicinity of the metal surface, the EM field enhancement by LSPs is especially strong at sharp tips [59] [60] [61] [62] , nanogaps such as aperture or pores [63] [64] [65] [66] [67] , and inter-particles [68] [69] [70] [71] . Researchers have focused their extensive efforts on SERS substrates design such as individual size, shape, periodicity, and spacing between layers, with strongly localized EM field which can excite strong Raman scattering [41, 42, 72] . Thanks to their dedications, strong SERS with EF of 10 8 -10 14 times has been observed, which allows to detect single molecules. The following table summarizes the features of various nanostructures for SERS (See Table 1 ). [70, 71] Despite the achievement of increasing the EF of SERS signal through various SERS substrate designs, its application is still restricted by poor reproducibility of the enhanced signals and structural inelasticity. Most SERS substrates can work for individual excitation wavelength only, thus the different types of substrates are needed for analysis by different excitation wavelengths. In terms of being able to design optical resonance characteristics, MMs and MSs can allow for multi-functionalities as SERS substrates. To understand it, we introduce the split ring resonator (SRR) structure, which is one of the most renowned structure as MA of MM [9, [73] [74] [75] [76] [77] [78] [79] [80] [81] [82] . The structure of which shape is like "C" (See Figure 2a) has been of interest to many researchers since early 2000 because it allows for the implementation of substances with optical properties that do not occur in nature. There are a series of studies on implementation of negative permittivity and permeability from gigahertz to vis-to-near-infrared (vis-NIR) frequencies [9, [75] [76] [77] [78] [79] [80] [81] [82] . The principle of SRR is as follows: When the incidence passes the SRR, a loop current is formed along the structure. Excited circular loop of current operates as a magnetic dipole and each ring has an individual tailored response controlled by gap. It was confirmed that a current loop and magnetic field are generated when x-polarized incidence is coming as shown in Figure 2b . However, EM wave interacts as if homogeneous medium when many SRRs are arranged with periodicity of subwavelength scale, thus one can control the magnetic response over that found in nature at lager scale. Besides the SRR, various types of nanostructures, which are designed to obtain the desired optical responses, have been actively suggested.
MMs and MSs are good candidate to be used for SERS substrate because metal surface of them can excite surface plasmon polariton (SPP), which help to strengthen Raman signals, and EM responses in the whole range of vis-NIR spectra regime to detect biomolecules and protein can be controlled by engineering MAs [83] . Xu et al. designed SERS substrate by SRR-based MM and achieved chemical sensing [84] . Cao et al. demonstrated a tunable vis-NIR MMs-based nanosensor with SERS molecular detection [85] . SRR was designed to have two resonance peaks, electric and magnetic resonances, respectively and the proposed sensor conducted two parallel acquisitions of optical transmission and SERS spectra at the bio-interface. The EF was found to be about 6.5 × 10 7 , which is strong enough to allow a sensitivity of single molecule detection. In addition, they achieved for the first time the use of MMs as SERS-based logic gate operation, serving as sensors of mercury ions with high sensitivity, by using SRR structure [86] .
Also, among various types of MM, it is worthy to note that nanodisks have been used for SERS substrate [87, 88] . This type of nanostructure has several advantages such as easy fabrication, polarization-independent property, and relatively simple control of parameters (its radius and thickness) (see Figure 3a) . In addition, MMs can control the resonance wavelength of the SPP and the LSP by controlling array period and diameter of particles [87] . It has been suggested that localized surface plasmon resonance (LSPR) wavelength should be located between Raman scattering wavelength and the excitation wavelength [89] because the SERS EF is proportional to the product of field intensity at both Raman scattering and excitation wavelengths (See Figure 3b) . Y. Chu et al. suggested double-resonance plasmon substrates consisting of a gold disk array, a dielectric spacer, and a gold film and obtained the EF of 7.2 × 10 7 , which is more than two orders of magnitude larger than that measured on a gold nanoparticle array on a simple glass substrate [90] . In addition, nanoporous plasmonic MMs have attracted interests due to its easy fabrication such as dealloying and templating. Jiao et al. achieved the EF of 5.0 × 10 7 by using two dimensional patterned nanoporous gold film [91] and Zhang et al. demonstrated that nanoporous MMs-based sensor shows higher EF than that of mesopore or nanohole [92] . 
Sensors Based on Fano Resonances
Fano resonances are defined as a type of resonant scattering phenomenon that gives rise to an asymmetric line-shape [93] . This asymmetric line-shape is usually attributed by interference between two scattering amplitudes, one due to scattering within a continuum of states and the second due to an excitation of a discrete state, which means the resonant process [94, 95] . We present simple coupled oscillators to explain Fano resonance briefly as shown in Figure 4a . Each oscillator acts as cavity and has natural frequencies ω 1 and ω 2 , corresponding to the cavity 1 and 2, respectively. The equations of motions are solved in terms of displacements x 1 and x 2 from the equilibrium positions:
..
where κ describes the coupling coefficient of the oscillators, γ 1 and γ 2 are the damping coefficients.
The solution of Equation (1) on steady-state is given by
In this classical harmonic model, Fano resonance usually occurs when incoming EM wave excites only broad mode x 1 , while the narrow resonance mode x 2 is excited just owing to the coupling. This situation means that only one cavity is directly driven by EM wave where a 2 is zero. Meanwhile, in case that EM wave excite both broad and narrow modes where a 2 is not zero, the Fano line-shape also appears and even sharper. This resonant process was studied in atomic physics and quantum mechanics for the first time, but recently, it has been actively conducted in nanoparticles or plasmonic nanostructures [96] [97] [98] [99] [100] [101] [102] [103] [104] [105] [106] [107] [108] , and MMs [24, 25, 44, 45, 84, [109] [110] [111] [112] [113] [114] [115] [116] [117] [118] [119] [120] [121] [122] [123] [124] [125] [126] due to its unique optical properties, such as strong field enhancement and extremely narrow asymmetric linewidth. Especially, ultrahigh quality factor is suitable for sensor applications because narrower linewidth allows a lower molecular concentration to be detected and higher sensitivity in surrounding medium to be obtainable. Example for sensor application of Fano resonance is presented in Figure 5 . Despite there are a lot of various kinds of sensors to detect thickness of layer, temperature, chemical substances, the scope of this section is restricted to only RI sensors based on Fano resonances in MMs. The following contents introduces current sensors based on Fano resonances. 
Symmetry Breaking
A general method to obtain easily Fano resonance in plasmonics is to break the symmetry of nanostructures [110] [111] [112] [113] [114] [115] . For nanostructures that are small compared to the wavelength of incident light, dipole moments can be excited and its spectral profile by dipoles is usually broad. The first observation of Fano resonance in MMs was by N. I. Zheludev group in the microwave frequency range [115] . Asymmetric split rings (ASR) were used in unit-cell structure of MMs which act as resonator. By breaking symmetry, 'narrow' dark modes that are caused by higher-order oscillations can be excited and interact with the broad 'bright' modes. As shown in Figure 6b , the lifetime of dark mode depends on the degree of asymmetry γ and substrate loss tangent ε, and strong Fano resonance was obtained by changing two parameters. With similar structure, W. Zhang group obtained sharper Fano resonance peak in Terahertz frequency range [116, 117] , and achieved the level of 57,000 nm/RIU using thinner substrates [118] . Sensing in near-infrared frequency range was also achieved with ASR structure, which was improved to a slit type based on carbon nanotube MMs [119] .
A number of other planar MMs by symmetry breaking have been recently reported [24, 25, 84, [120] [121] [122] [123] [124] . At optical frequencies, N. Liu et al. experimentally demonstrated sharp reflectance peaks with EM-induced transparency (EIT), which is known as the elimination of absorption via quantum interference in an atomic medium [25] . Because it is known that EIT phenomenon can occur in classical system when optical resonators are coupled with one another [24, 120] , they proposed a design composed of asymmetrically arranged three nanoslits in a gold layer for easy fabrication. They confirmed that proposed sensor showed the sensitivity of 588 nm/RIU and figure of merit (FOM) of 5.3 introduced by Sherry et al. [121] . Y. Moritake et al. experimentally demonstrated sharp Fano resonance of which the highest quality factor is 7.34 by using asymmetric double-bars [122] . In case of infrared frequencies, C. Wu et al. designed infrared plasmonic MMs and suggested their use as biosensing platform [123] . As shown in Figure 6d , asymmetric π-shaped nanorod antenna was used and its structural parameters were determined for the control of the wavelength of the subradient resonance. They demonstrated biosensing and fingerprinting of target proteins by testing it on a well-defined ultrathin multiprotein layer. In terahertz frequency range, B. Reinhard et al. broke the symmetry by tilting the crosses and obtained a narrow lineshape [124] . 
Hybrid Structures and Waveguide Gratings
Another approach is to design complex and hybrid structures for bright and dark modes hybridization. The fundamental principle of Fano resonance is a weak coupling and interference between bright and dark modes. In addition to breaking structural symmetry, Fano resonance is introduced by employing different materials [125] [126] [127] [128] [129] [130] . In this case, the degree of asymmetry can be controlled by the materials' properties like dielectric permittivities as well as geometrical parameters of structures. For example, Mock et al. presented an experimental analysis on plasmon coupling between a gold nanoparticles and gold film [125] . The effects of LSPR and optical spectral response was highly sensitive to the gap distance between the nanoparticles-film and showed the possibility of being applied as a sensor. In addition, for nanoshells on high dielectric permittivity substrates, the higher quadrupolar modes can induce a Fano resonance [126] .
In 2011, Zhang et al. theoretically analyzed the plasmon mode interactions of a silver nanocube on a glass substrate [127] . They showed that when the metallic nanocube is close to dielectric substrate, new plasmon mode is generated and a dark mode and a bright one are coupled in a nearly degenerate states. It showed the sensitivity of~954 nm/RIU and high FOM of~12-20, and these performances are enough to be applied to LSPR-based sensors. In 2013, Shen et al. suggested a design composed of gold mushroom-typed array for RI sensing [128] to overcome a low FOM value of LSPR-based sensor compared with propagating surface plasmon resonance (PSPR)-based sensor (See Figure 7a-c) . Although the FOM value of LSPR-based sensors is generally 1-2 orders of magnitude smaller than those of PSPR-based sensor, the proposed structure showed a narrow FWHM of~10 nm, FOM of~108, and a high sensitivity of~1010 nm/RIU. Meanwhile, dynamically reconfigurable sensor based on MMs was suggested by Amin et al. [129] . A hybrid graphene-gold Fano resonator which consists of a graphene patch and gold frame was used. Broad resonance by gold frame and narrow resonance by graphene were coupled and it introduced plasmonic EIT phenomenon and asymmetric Fano lineshape. Owing to graphene's electrically tunable property, it could be applied to switching sensor through controlling an applied voltage.
In addition, using coupled waveguide grating structures can help to generate Fano resonance in MMs [130] [131] [132] . Because grating structure exhibits not only waveguide resonance (WR) but also Fabry-Pérot (FP) cavity resonance, many researchers have made high performance sensors by designing resonance peaks using it. Lee et al. reported Fano sensor composed of a single nanoslit with periodic grooves and it yields a FOM to 48 and the sensitivity of 615 nm/RIU [130] .
In sequence, they experimentally demonstrated a new design composed of capped gold nanoslit array. Performances were also improved, the wavelength sensitivity is 926 nm/RIU and FOM value is up to 252 [131, 132] . The refractive index changes from 1.333 to 1.417 (black to pink); (d) A schematic configuration, depicting the geometrical parameters of the capped gold nanoslits, as well as the direction of the TM-polarized incidence with E and K vectors; (e) Intensity spectra of the capped gold nanoslit with a 650-nm period in carious water/glycerin mixtures for a normally-incident TM-polarized wave; (f) Measured intensity spectra for different surface conditions. Reprinted by permission from Macmillan Publishers Ltd.: (Nature Communications) Reference [128] , copyright (2013).
Sensors Based on Hyperbolic Metamaterials and Effective Medium Theory
HMMs are MMs which exhibit extraordinary anisotropy with hyperbolic dispersions of light. HMMs are formed by alternating arrangements of metals and insulators within subwavelength periods (Figure 8a-d) and represented with simple isofrequency dispersion curves as shown in Equations (3) and (4). Those simple dispersions are derived using effective permittivity tensors based on Maxwell Garnett effective medium theory (EMT) [133] . As shown in Figure 8 and Equations (3) and (4), there are two popular types of HMM structures depending on direction of negative effective permittivity. One exhibits negative vertical permittivity, while the other exhibits negative permittivity in horizontal direction. The direction of negative effective permittivity is determined by the allowed current direction (See the red arrows in Figure 8a,b) , while filling factor and composition materials are properly selected for different signs of permittivities. As diffractions with high effective indices in perpendicular direction are allowed in the two different HMMs, coupling between incident light and perpendicularly diffracting modes in HMMs would be extremely sensitive to external coupling environment and composition materials of HMMs [134] .
Recently, there have been excellent achievements of applying the abovementioned sensitive characteristics of HMMs to RI sensors. In 2009, Kabashin et al. proposed standing nanorod assembly HMM (Figure 9a ) as a label-free nanophotonic biosensor to enhance spectral sensitivity over 30,000 nm/RIU [125] . The proposed device operates in the ATR scheme where nanorod HMM is attached on the prism and covered with microfluidic channel while input broadband source is incident obliquely from the prism side. As plasmon-assisted guided mode propagates with highly confined electromagnetic field in the nanorod region, interaction between superstrate insulator layer (analyte layer) and the guided perpendicular mode is extremely enhanced. ATR spectra in Figure 9c shows that the guided mode resonance dips occur near the wavelength of 1200 nm by p-polarized light. Strongly coupled guided mode resonance and dependence of the effective guided mode index on the superstrate RI resulted in the great improvement in spectral sensitivity. [135] . The inset figure presents magnified scheme of standing gold nanorods; (b) Scheme of the grating coupled HMM consists of alternatively stratified metal nanolayers and dielectric nanolayers demonstrated by Sreekanth et al. [136] ; (c) Attenuated total reflection (ATR) spectra for nine different incidence angles when nanorod HMM of (a) is located in water environment (n = 1.33); (d) ATR spectra of the grating coupled HMM depicted in (b) for four different incidence angles. The legends in (c,d) denote the incidence angles. Reprinted by permission from Macmillan Publishers Ltd.: (Nature Materials) (Reference [135] ), copyright (2009) and (Nature Materials) (Reference [136] ), copyright (2016).
In 2016, Sreekanth et al. demonstrated grating coupled HMM device (Figure 9b ) for both extremely high spectral sensitivity [136] and angular sensitivity [137] exceeding previous conventional surface plasmon resonance based RI sensors. They proposed the structure with HMM covered with a two-dimensional nanohole grating and microfluidic channel on it. In similar way with the abovementioned standing nanorod assembly HMM, multiple highly dispersive bulk plasmon modes with extremely large field confinement are supported in the stratified HMM region from the visible to the near infrared. The differences from the above nanorod HMMs are as follows. At first, the grating coupled stratified HMM biosensor by Sreekanth et al. [136, 137] can operate from the visible to the near infrared as shown by multiple guided mode resonances in Figure 9d . Secondly, as it utilizes grating coupling technique rather than ATR, the setup is more miniaturized with excellent performance. Couplings between incident broadband source and the bulk plasmon modes are achieved by the two-dimensional grating rather than using a prism. The grating enables large amount of high-k diffraction in the hyperbolic region. Their device exhibits records of spectral sensitivity reaching 30,000 nm/RIU with FOM of 590 and angular sensitivity reaching 7000 degree/RIU which largely exceeds the conventional plasmonic and nanophotonic biosensor platforms based on the ATR, localized surface plasmon resonances, and extraordinary transmissions. Moreover, they report the ability to detect extremely low molecular weight (244 Da) biomolecules at picomolar concentrations.
Sensors Based on Holographic Phase Gradient
Since concepts of holographic phase jump and generalized Snell's law were suggested by N. Yu et al. [138] , much attention has been paid mainly on various MS schemes for ultrathin flat optic components aiming at exotic light bending [138] [139] [140] , light focusing [50, [141] [142] [143] and holographic imaging [144] [145] [146] . Equations (5) and (6) denote analytic transmission and reflection principles, respectively.
where n t , n i , θ t , θ i , k 0 , and Φ denote RI of output transmission region, RI of input region, transmission angle, incident angle, wavenumber in vacuum, and optical phase jump at MS depending on location.
Compared to original Snell's law of refraction, newly generalized one considers abrupt jump of optical phase imparted by ultrathin optical MS at the interface of two optical media (n t and n i ). Thus, generalized Snell's law implies that various bending, focusing and imaging functionalities are available by designing HPG on MSs. Pancharatnam Berry phase with anisotropic [137] [138] [139] [140] [141] [142] [143] [144] [145] [146] [147] [148] [149] [150] and multi-modal V-shaped MAs [138] have been utilized for engineering spatial HPG. This anomalous principle with large tunability can also be applied to various methods of RI sensing. We can consider the simplest configurations to sense refractive indices of analytes by monochromatic coherent light and its refraction angle controlled by incidence angle and HPG. As depicted in Figure 10a ,b, the schemes consist of substrate, an HPG imparted MS, and an analyte layer. Figure 10a describes the case when an input beam is incident from substrate side and refracted into an analyte layer. Variation of n anal is detected by followed change of θ t , which can be freely designed based on Equation (5) . Figure 10b describes the case when an input beam is incident from anlayte layer and refracted into a substrate side. Using definition of sensitivity based on resonant nanophotonic sensors, angular sensitivities of these non-resonant configurations can be analytically derived as shown in Equation (7). The first and second rows in the right hand side of Equation (7) denote the cases of Figure 10a (the case 1) and 10b (the case 2), respectively. 
for case 2 (7)
for case 2 (8) As shown in Equation (7), angular sensitivity is highly dependent on an incident angle from which side light impinges, and a designed HPG on MS. Assuming certain incidence conditions and specific analyte of interest, the maximal angular sensitivity of the HPG MS sensor is analytically derived as written in Equation (8) . Even though the sensitivities of two configurations are not in comparable order with conventional resonant sensors, it is worth noting that sensing RI is possible utilizing a monochromatic laser light and a camera to measure variation of refracting direction rather than using conventional and bulkier setup with a broadband light source and an optical spectrometer. Although the simplest configurations are presented here for proof-of-concept with poor sensitivities, if configurations with high-index or resonant MAs are constructed with an HPG MS, angular and spectral sensitivities can be highly improved. Moreover, it would be also possible to design novel MS sensors with broadband input source if the wavelength dependent properties of HPG and refraction angle are utilized with resonant MAs.
Sensing Light Properties with MMs and MSs
Sensing Polarization State of Light: Compact Polarization Resolving
Resolving Photonic Spin with Helical Beam Splitters and Circular Polarizers
The polarization resolving is highly desirable in the field of optical MMs and flat optics nowadays. To achieve diverse functionalities in compact and light volume, carrying and manipulating optical information in polarization-dependent manners are studied thoroughly for various flat optic components [48] [49] [50] . Especially, the two orthonormal photonic spins (PSs) have attracted enormous interest in the optical engineering society. Photonic spin is also known as circular polarization, optical handedness, and light helicity. The two orthogonal polarization states with opposite photonic spins have been widely applied to image sensing systems for contrast enhancement [151] , planetary detection of chiral signatures [152] , augmented/virtual reality [153] , and microscopy of inherently chiral biomolecules [152, 154, 155] . Hence, resolving and decomposing PS composition of certain polarized beam is a significant goal for practical applications.
Recently, optical Pancharatnam Berry phase, also known as geometric phase, has been thoroughly studied to decompose light based on PS-dependent wavefront shaping [147] [148] [149] [150] . Individual anisotropic MAs including nanoslit and nanopillar made of noble metals or high-index dielectrics act as nanoscale wave-plates so that PS-dependent optical geometric phase is induced by individual local rotation angle of a MA. A single MS with optical geometric phase elements can impart two different HPGs for the two different PSs as presented in the Equation (9) 
In the above equation, the first term of the right-hand side corresponds to co-polarized transmission while the second term represents cross-polarized transmission with additional geometric phase term determined to the two times of rotation angle (α). Based on the Equation (9), two different linear HPGs and distinct 1st order diffractions can be acheved according to the PS of transmitted light. In 2014, Khorasaninejad and Crozier proposed silicon nanofin MS (See Figure 11a,b) as a miniature helical beam-splitter operating in the near-infrared using aforementioned principle of geometric phase [156] . Owing to large scattering cross-section and aspect ratio of silicon nanofin, a high extinction ratio (ER) reaching 50 is achieved. Moreover, as optical geometric phase is dominated by local rotation angle of a MA and independent of wavelength, broadband operation of helical beam-splitting is possible. The main disadvantage of the device is that there is always large amount of 0th order unfiltered diffraction without certain handedness as shown in Figure 11c .
In 2013, Turner et al. proposed different type of helical beam-splitter using polymer (n = 1.48) based gyroid crystal MM (GCMM) made by direct laser writing (DLW) [157] . GCMM shows PS-dependent three-dimensional circulating currents with strong bianisotropic effects. By shaping GCMM into prism-like shape in millimeter scale (Figure 11d ), LCP and RCP compositions are decomposed with moderate ERs (5.12 dB in transmission and 3.46 dB in reflection) in the telecom wavelength (Figure 11e) . Even though the GCMM helical beam-splitter is difficult to fabricate and has relatively low ERs compared to abovementioned nanofin beam-splitter, it is noteworthy that the GCMM shows chiral resonances without lossy and opaque materials. [158] . Metallic helix structure shows highly asymmetric transmission according to optical handedness of incident light owing to strong bianisotropic effects with circulating currents along helices. The rotating directions of helix structures determine target photonic spin to transmit or reflect. The advantages of the structure are broad bandwidth and moderate ERs up to about 9 (See Figure 12d-f) . There have been many efforts to develop fabrication processes for complex helix structures using DLW [158, 159] , DNA based self-assembly [160] , focused ion beam induced deposition [161] , glancing-angle deposition [162, 163] , or tomographic rotatory growth [164] . Figure 12. (a-c) SEM images of helix MM circular polarizer (HMCP) made by J. K. Gansel et al. [158] . Transmission spectra of HMCP with: (d) one; (e) two; and (f) three pitches of helices. Blue and red curves represent RCP and LCP, respectively. From Reference [158] . Reprinted with permission from AAAS.
The second type of circular polarizer is rotationally stacked nanorod metasurface (RSNM) [165, 166] . To overcome fabrication difficulties in submicron scale and achieve visible and near-infrared operation, the gold RSNM has been demonstrated with sequential electron-beam lithography as shown in Figure 13a ,b. Based on similar physical origin with helices, strong bianisotropic interactions between rotationally stacked nanorods exhibit broad helicity-dependent transmission with moderate extinction ratio up to 8 (Figure 13c) .
The third type based on geometric phase meta-lens was demonstrated by Ke et al. in 2016 [167] . They incorporated a gold nanorod visible meta-lens using geometric phase and a bulk-optic plano-concave lens as shown in Figure 13d . While meta-lens imparts converging and diverging quadratic wavefront on the two distinct PSs, the plano-concave bulk lens imparts diverging quadratic wavefront for both PSs. Hence, only LCP light transmits and RCP light diverges after passing through the hybrid compact circular polarizer. The plano-concave bulk lens was fabricated using irradiation of femtosecond laser. The irradiated fused glass was decomposed into porous glass so that its RI is controlled by the laser intensity. Even though the fabrication process is complicated, broadband operation is possible owing to the broad bandwidth of geometric phase. [165] ; (c) Optical transmission spectra for LCP and RCP incidences. Black and Red curves refer to RCP and LCP, respectively; (d) Schemes of a geometric phase metalens, plano-concave dielectric lens, and hybrid compact circular polarizer [167] . Reprinted by permission from Macmillan Publishers Ltd.: (Nature Communications) (Reference [165] ), copyright (2012).
Resolving Arbitrary Polarization State with MSs: Ultracompact Polarimetry
Complete resolving of arbitrary polarization state is a more complex and significant goal compared to PS resolving. As a single polarization state is described by a set of four Stokes parameters in Poincare space, conventional polarimetry setups have been bulky and complex for multiple and interferometric measurements of optical signals. Hence, MSs have been proposed for resolving of arbitrary state of polarization in ultracompact area. Wen et al. measured ellipticity and helicity simultaneously with an HPG MS using optical geometric phase and a CCD camera [168] . However, their device cannot characterize every polarization state on the surface of Poincare sphere.
Recently, Pors et al. [169] proposed complete characterizations of Stokes parameters for near-infrared wavelengths with reflection-type metal-insulator-metal (MIM) MS as shown in Figure 14b . They used optical geometric phase and additional phase dependent on dimensions of gold nanoantennas in the reflective MS. Their device scatters light in the six different directions (Figure 14b,c) . Light intensities reflected in each direction imply quantitative compositions of two orthogonal and linear polarizations, two orthogonal and linear polarizations which are rotated in 45 degrees from the former set, and two orthogonal circular polarizations. Simultaneous measurements of the six reflected intensities resolve arbitrary polarization state. In 2016, they proposed the similar device for in-plane polarimeter (Figure 14d ) using SPP excitation instead of far-field reflection [170] . Figure 14e shows that the propagations of SPPs are largely switched according to the polarization state of input beam incident on the distributed MIM nanoantennas depicted in Figure 14d . In Figure 14e , the first, second, and third columns correspond to the cases when the input normal beam is incident on the unit-cells of the black, blue, and red regions depicted in Figure 14d . The six polarization states of incident light are described in the six images of Figure 14d , respectively.
In 2016, Muller et al. proposed highly improved MS based polarimeter for nondestructive, transmission-type in-line polarimetery with a single MS and a CCD camera [171] . By placing interlocked gold nanorod periodically, they measured quantities of two different elliptical polarizations at first. Then, by multiplexing another periodic interlocked gold nanorod array in plane, they measured quantitative compositions of two other elliptical polarizations for complete determination of Stokes paramters (Figure 15a,b) . It showed a great possibility of practical usage as a miniaturized integrable polarimeter which is essential in various complex systems. 
Optical Spectrum Analysis with MMs and MSs: Ultracompact Spectroscopy
Spectroscopy is a scientific measurement technique for the analysis of the interaction between matter and EM radiation with different components of EM spectrum. It can analyze light by breaking it down into several frequencies using dispersion phenomenon, which is the basic and fundamental principle in optics. Spectrometer has been widely used in environmental science to probe and determine water properties such as acidity in samples, biomedical science as diagnostic and therapeutic applications, and astronomy for calculating the relative velocities of supernovae and galaxies by measuring red-shift.
Conventional optical spectrometer (OS) is designed to decompose input beam spatially using achromatic focusing mirror, dispersive optical grating turret, and detector [172] . For sufficient grating dispersion, it is absolutely necessary to secure a large spatial separation with long optical distance, and that is a factor that hinders miniaturization of bulky configuration. However, the advent of MS concept has enabled the miniaturization of conventional OS system which consists of ultrathin and super-dispersive MS and a detecting camera [172] [173] [174] . Recently, F. Capasso group proposed abovementioned two-component OS system operating in the visible [172] and the near-infrared wavelengths [173] . They designed off-axis meta-lenses to focus incident light at an angle α as shown in Figure 16a . Their works were based on the principle of geometric phase, which can control optical phase fully by rotating the orientation of nanorods. Phase difference to achieve constructive interference at a focal point was compensated by this method. At this point, the required phase profile depends on wavelength of incidence, thus the focal point moves owing to chromatic aberration which occurs by changing the wavelength. They calculated the spectral resolution (δλ) of the meta-lens, the quantification of OS performance. The result is given by
where ∆α is the change in the focusing angle due to a small change of the incident wavelength (∆λ), f is focal length, and λ d is the design wavelength. Also, NA is numerical aperture and it determines the minimum resolvable wavelength difference in the focal plane based on the Rayleigh criterion (0.61λ/NA). According to Reference [173] , meta-lenses-based OS achieved the detector-limited spectral resolution up to 0.3 nm and a total working wavelength range exceeding 170 nm for a beam propagation length of only a few cm. It showed similar performance and functionality with ultra-compact configuration compared with conventional grating-based OS. It is expected that the range of its potential applications would be far broader if large-scale nanofabrication problems are solved. 
Conclusions
In this paper, various photonic MMs and MSs for RI sensing and light property sensing are reviewed and categorized according to their objectives and working principles. Tables 2 and 3 show RI sensors, PS resolving devices, polarimeters, and spectrometers based on MMs and MSs. This review would help to choose appropriate structures and physical principles for certain RI sensing objects. Moreover, it can be fruitful to potential compact and high-performance platforms of various light property analyzer which can be easily integrated to electronic smart devices. 
